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We developed mathematical model that simulates dynamic and static performance of a biological device.
We modeled an example quorum sensing device that produces GFP in the presence of AHL.
Simulation results show that the model was able to simulate behavior similar to experimental results.
Standard SBML (system biology markup language) format was used to store the model.
The model follows the MIRIAM and MIASE compliances.
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Modeling of biological parts is of crucial importance as it enables the in silico study of synthetic biological
systems prior to the actual construction of genetic circuits, which can be time consuming and costly. Because
standard biological parts are utilized to build the synthetic systems, it is important that each of these
standard parts is well characterized and has a corresponding mathematical model that could simulate
the characteristics of the part. These models could be used in computer aided design (CAD) tools during the
design stage to facilitate the building of the model of biological systems. This paper describes the
development of a mathematical model that is able to simulate both the dynamic and static performance
of a biological device created using standard parts. We modeled an example quorum sensing device that
produces green ﬂuorescent protein (GFP) as reporter in the presence of Acyl Homoserine Lactone (AHL). The
parameters of the model were estimated using experimental results. The simulation results show that the
model was able to simulate behavior similar to experimental results. Since it is important that these models
and the content in the models can be searchable and readable by machines, standard SBML (system biology
markup language) format was used to store the models. All parts and reactions are fully annotated to enable
easy searching, and the models follow the Minimum Information Requested In the Annotation of Models
(MIRIAM) compliance as well as the Minimum Information About a Simulation Experiment (MIASE).
& 2012 Elsevier Ltd. All rights reserved.
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1. Introduction
Synthetic biology involves engineering biological systems with
novel functions by using standard, reusable, interchangeable biological parts. The use of these standard biological parts enables the
utilization of engineering principles such as standardization, decoupling, and abstraction for more efﬁcient engineering of biological
systems (Endy, 2005). Synthetic biology has shown that its framework can be implemented to develop novel biological systems to
produce biofuels (Steen et al., 2010), to degrade pollutants in water
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(Sinha et al., 2010), to produce drugs (Ro et al., 2006), and to sense
and kill a pathogen (Saeidi et al., 2011a, 2011b).
There are now a number of registries of biological parts such as
MIT registry of standard biological parts (http://partsregistry.org/)
and BglBricks (Anderson et al., 2010). These biological parts range
from promoters to composite of parts which form devices with
more complex functions. In order to provide important and useful
information about these parts for the development of new
complex biological systems, these parts need to be well characterized. To address the challenge of characterizing standard
biological parts, Canton et al. proposed a framework in which
both static and dynamic performance of a device were characterized and presented in a form of datasheet for easy reference
(Canton, 2008). Static and dynamic performances of devices are
important characteristics. Static performance describes the steady
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state relationship between the input and output of the device while
dynamic performance describes the dynamic response of the device
to a step increase at time zero. These two characteristics are useful
in predicting the output amount and studying the response time of
composed systems (Canton, 2008). To enable more efﬁcient design
of complex biological systems, it is important that this information
about the characteristics of the parts is readily accessible by
computer aided design (CAD) tools. Consequently, it has been
proposed that each standard biological part should have a corresponding standard model that can provide necessary characteristics
about the parts to perform modeling of biological systems in silico
(Rouilly et al., 2007). Because it is important to have quantitative,
reproducible models that can stimulate and reproduce the static
and dynamic characteristics of standard biological parts/devices, in
this study, we developed a mathematical model that is able to
simulate both the dynamic and static performance of a standard
biological device and embed information such as rate constants for
reactions involved into the model to facilitate integration of
different parts into a composed system.
This paper presents the development of the quantitative model
that is able to simulate both static and dynamic performance of a
biological device. In this work, we modeled a quorum sensing device
fused with green ﬂuorescent protein (GFP). This sensing device is
able to sense Pseudomonas aeruginosa (a human pathogen) based on
quorum sensing and was utilized in a larger biological system which
is capable of sensing and killing P. aeruginosa (Ling, 2010; Saeidi
et al., 2011a, 2011b). Experiments were performed for parameters
estimation and model validation. As the model should be machine
readable and searchable so that the model and its content can be
readily accessed by CAD tools, our model is stored using system
biology markup language (SBML) with all the entities in the model
fully annotated based on MIRAM, the Minimum Information
Requested in the Annotation of Models (Novere et al., 2005).
To ensure that our model is reproducible and reusable, we adhered
to the recently introduced MIASE requirements, the Minimum Information About a Simulation Experiment (Waltemath et al., 2011).

2. Materials and methods
2.1. Strains and media
All cells involved in cloning and characterization experiments
are E. coli TOP10 (Invitrogen). Supplemented M9 media (M9 salts,

1 mM thiamine hydrochloride, 0.4% glycerol, 0.2% casamino acids,
0.1 M MgSO4, 0.5 M CaCl2) was used as a medium for the
characterization. Ampicillin (100 mg/mL) was added to the culture
media for antibiotic selection where appropriate. Homoserine
lactone (3OC12HSL; Sigma Aldrich) was used for characterization
experiments. All restriction and ligation enzymes were purchased
from New England Biolabs (NEB). Table 1 summarizes all plasmids,
biobrick parts and devices used in this study. Genetic mapping of
engineered construct is illustrated in the supplementary information of our previous work (Saeidi et al., 2011a, 2011b).
2.2. System assembly
The genetic constructs developed in this study were assembled
using standard synthetic biology protocols (Shetty, 2008). Brieﬂy,
for front insertion of biobrick parts, puriﬁed insert and vector
plasmids were digested with EcoRI/SpeI and EcoRI/XbaI respectively. For back insertion to upstream vector, the insert and vector
plasmids were digested with XbaI/PstI and SpeI/PstI in that order.
Digested fragments were separated by DNA gel electrophoresis
and ligated with NEB Quick Ligase in accordance with the
manufacturer’s instructions. Plasmids from chemically transformed cells were puriﬁed by afﬁnity columns and veriﬁed by
DNA sequencing.
2.3. Design of the quorum sensing device
The sensing device was designed based on the Type I quorum
sensing mechanism of P. aeruginosa (Fig. 1). The pTetR is a
constitutive promoter. Hence, LasR which is a transcriptional
activator will be constitutively produced and bind to 3OC12HSL
to form LasR-3OC12HSL complex. This complex will then bind to
the luxR promoter (pLuxR), leading to the production of GFP
which serves as a reporter to characterize the steady state and
dynamic performance of the quorum sensing device. We have
focused on sensitivity to AHL as the key speciﬁcation of the
sensing device. Characterization of the sensing device in our
earlier study indicated that P. aeruginosa produced 1.0E 7 to
1.0E 6 M of 3OC12HSL (Saeidi et al., 2011a, 2011b) and previous
studies estimated extracellular concentration of 3OC12HSL to be
in the range of 1.0E 6 to 1.0E 4 M within proximity to the site
of P. aeruginosa infection (Charlton et al., 2000; Pearson et al.,
1995). Hence, the sensing device needs to be sensitive to the
1.0E 7 to 1.0E 6 M of AHL. The performance of the sensing

Table 1
List of all genetically encoded parts, devices and systems used in this work. The part number, functional description and symbol used are listed for each component.
Descriptions of all BBa parts can be found in the MIT Registry of Standard Biological Parts while the rest are explained in text.
Part Number

Description

BBa-R0040

TetR repressible promoter

BBa-R0062

LuxR and AHL inducible promoter

BBa-B0032

Ribosome binding site (medium)

BBa-B0034

Ribosome binding site (strong)

BBa-C0179

LasR coding region

BBa-E0040

Green ﬂuorescence protein

BBa-B0015

Terminator

pTetR-LasR-pLuxR

Sensing device

pTetR-LasR-pLuxR-GFP

Sensing device with reporter protein

Symbol
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The rate of complex formation between LasR protein and
3OC12HSL (AHL) is represented in Eq. (3) where LasR–AHL denotes
the complex. The complex formation rate is directly proportional
to the concentration of LasR and AHL present, where k3 denotes
the association rate constant (Fagerlind et al., 2005) and k4
denotes the dissociation rate.
d½LasRAHL
¼ k3 ½LasR½AHLk4 ½LasRAHL
dt

ð3Þ

Eq. (4) represents the change in concentration of AHL.
d½AHL
¼ k3 ½LasR½AHL þk4 ½LasRAHL
dt
Fig. 1. Schematic of the quorum sensing system modeled. The system is based on
the type I quorum sensing mechanism of P. aeruginosa. The TetR promoter (pTetR),
which is constitutively on, produces a transcriptional factor (LasR) that binds to
AHL (3OC12HSL). The LuxR promoter (pLuxR), to which LasR–AHL activator
complex binds, serves as the inducible promoter in our sensing system. The
formation of the LasR–AHL complex, which binds to the luxR promoter, leads to
the production of GFP as the reporter protein.

device should be reproducible under same condition. It is worth
noting that the current device response time is about 2–3 h.
2.4. Characterization of sensing device (pTetR-LasR-pLuxR-GFP)
with 3OC12HSL
Single colonies of E. coli (Top10) with pTetR-LasR-pLuxR-GFP
were each inoculated into 5 mL of prewarmed supplemented M9
ampicillin for overnight culture in a shaking incubator at 37 1C.
After overnight growth, the cultures were diluted to OD600 of 0.02
and allowed to incubate further to OD600 of 0.5 under the same
condition. Cultures were then transferred into a transparent, ﬂatbottom 96 well plate in triplicate aliquots of 200 mL for induction
with 3OC12HSLat varying molar concentrations (0, 5E 10, 1E  9,
1E  8, 5E 8, 1E  7, 5E  7, 1E 6, 5E  6, 1E  5, and 1E  4 M).
The plate was incubated at 37oC with rapid shaking in a microplate reader (BioTek) and assayed for green ﬂuorescence. Timeseries ﬂuorescence and OD600 data were obtained at intervals of
10 min for a total run time of 5 h. The experiments were done
with two biological replicates and three technical replicates. The
experimental result was zeroed with supplemented M9 to
remove background ﬂuorescence and OD600.
We chose these concentrations as our sensing device designed
to sense the presence of P. aeruginosa (Saeidi et al., 2011a, 2011b).
Therefore, for our sensing device to be useful it should be able to
detect the native 3OC12HSL concentration produced by P. aeruginosa
as described in Section 2.3.
2.5. Model of the sensing device
The model developed comprises of 6 ﬁrst order ordinary
differential equations (ODEs) which represent the reactions
involved and the kinetics of the quorum sensing device. Fig. 1
illustrates the steps involved in triggering the production of
reporter protein GFP.
The constitutive production of LasR is described by Eqs. (1) and
(2). We assume that LasR mRNA and LasR protein are produced
according to the law of mass action at the rate of k1 and k2 and are
degraded with the rate of y1and y2, respectively.
d½mRNALasR 
¼ k1 ½pTetRy1 ½mRNALasR 
dt

ð1Þ

d½LasR
¼ k2 ½mRNALasR y2 ½LasR
dt

ð2Þ

ð4Þ

Eq. (5) represents the binding of unoccupied pLuxR promoter
(pLuxR) to LasR-AHL complex, in which k5 denotes the association
rate, k6 denotes the dissociation rate and A.pLuxR represents the
occupied form of pLuxR (Hooshangi et al., 2005).
d½A:pLuxR
¼ k5 ½LasRAHL½pLuxRk6 ½A:pLuxR
dt

ð5Þ

Eq. (6) describes the production GFP by the active complex
(A.pLuxR).We have assumed that AHL concentration is negligible
when compared to pLuxR concentration. Furthermore, because
we are using PSB1A2 which is a high copy number plasmid (100–
300 per cell), considering pluxR in excess is a reasonable assumption. Hence, we considered that A.pluxR concentration mainly
depends on the AHL concentration.
T in Eq. (6) denotes the time constant which represents the
time it takes for the system response to reach 63.2% of its
maximum output. GFPmax is the maximum GFP (amount of GFP
at steady state) produced at different AHL concentrations.
Because experimental results show that 1/T and GFPmax varied
in a Hill equation like manner when AHL concentration increases,
two Eqs. (6.1) and (6.2) were introduced to represent the change
of 1/T and GFPmax with AHL, respectively. Eqs. (6.1) and (6.2) are
functions in terms of the A.pLuxR
d½GFP
1
¼ ðGFPmax ½GFP Þ
dt
T
1
k8 ½A:pLuxRn1
¼ k7 þ n1
T
k9 þ½A:pLuxRn1
GFP max ¼ k10 þ

k11 ½A:pLuxRn2
n
k122 þ½A:pLuxRn2

ð6Þ

ð6:1Þ

ð6:2Þ

2.6. Parameter derivation
Parameters for Eqs. (1)–(5) were obtained or derived from
literature. Parameters k1 and k2 in Eq. (1) were derived based on
information provided in BioNumbers, the database of useful
biological numbers. BioNumber ID:104902 (RNA polymerase
transcription rate of mRNA in different media and doubling times)
was used to calculate k1(Vogel and Jensen, 1994).While BioNumber ID:100059 (Rate of translation by ribosome) and distance
between ribosome on each mRNA (Bremer, 1996) were used to derive
k2. Table 2 summarizes the parameters related to Eqs. (1)–(5).
To derive the parameters for Eqs. (6), (6.1) and (6.2), experiments
in which the quorum sensing device was characterized were
performed. Two independent experiments were carried out. Each
experiment had two biological replicates and three technical
replicates. The data from the ﬁrst experiment was used to
estimate the parameters of Eqs. (6.1) and (6.2) while the data
from the second experiment was used to verify the model. Table 4
shows the parameters value of Eqs. (6.1) and (6.2).
In the experiments, time-series ﬂuorescence and OD600 data
were obtained at intervals of 10 min for a total run time of 5 h.
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Table 2
List of all the parameters for Eqs. (1)–(5), which are taken from literatures.
Parameters

Deﬁnition

Value

Reference

k1
y1
k2

Synthesis rate of mRNA (LasR) (min  1)
mRNA (LasR) decay rate (min  1)
Synthesis rate of LasR (min  1)

3.734
0.348
35.7

y2
y3
k3
k4
k5

Decay rate of LasR (min  1)
Decay rate of 3OC12HSL (min  1)
Association rate of LasR and 3OC12HSL (M  1min  1)
Dissociation rate of LasR and 3OC12HSL (min  1)
Association rate of LasR-3OC12HSL and pLuxR
(M  1min  1)
dissociation rate of LasR-3OC12HSL and pLuxR (min  1)

0.0696
2.83E  4
9.6Eþ 6
0
1.98E þ6

http://Bionumbers.harvard.edu Derived based on BioNumber ID: 104902
(Elowitz and Leibler, 2000)
http://Bionumbers.harvard.edu Derived based on BioNumber ID: 100059 and
(Bremer, 1996)
(Basu et al., 2005)
(Kaufmann et al., 2005)
(Fagerlind et al., 2005)
Assumption for long chain AHLs
(Hooshangi et al., 2005) (tuned)

10.2

(Hooshangi et al., 2005) (tuned)

k6

Table 3
Derived parameters using 1st set of experiment, to ﬁnd out GFPmax and 1/T.
AHL concentrations

GFPmax (M)

T (min)

1/T (min  1)

R2

5.00E  10
1.00E  09
1.00E  08
5.00E  08
1.00E  07
5.00E  07
1.00E  06
5.00E  06

7.5E  16
8.5E  16
8.90E  16
1.20E  15
1.90E  15
6.20E  15
9.3E  15
1.03E  14

210
205
190
135
115
90
89
85

0.0048
0.0049
0.0053
0.0074
0.0087
0.0111
0.0112
0.0118

0.826
0.866
0.904
0.960
0.937
0.953
0.936
0.922

Table 4
Parameters after estimated empirically for Eqs. (6.1) and (6.2).
Parameter

Equation

Value

K7(1/min)
K8(1/min)
K9([M])
n1
K10([M]/cell)
K11([M]/cell)
K12([M])
n2

(6.1)
(6.1)
(6.1)
(6.1)
(6.2)
(6.2)
(6.2)
(6.2)

0.0041
0.0096
9.74E  08
2
6.50E  16
1.00E  14
2.40E  07
2

different AHL concentrations, respectively. All ﬁtting of curves
were performed using cftool in Matlab (Mathworks, Inc, NA).
CellDesigner 4.1with SBML ODE solver and Copasi (Funahashi
et al., 2003, 2008) was used to construct the model and run the
simulation.
2.7. Sensitivity analysis assay
To analyze the sensitivity of the various parameters in the
model, sensitivity analysis was performed. To carry out the
sensitivity analysis, each parameter was varied in range from
 80% to þ100% (at an interval of 20%) from the original value
which was obtained either from literature or from parameter
ﬁtting. To compare the sensitivity assay results obtained from
simulation, two graphs were drawn: percentage difference in
original output value at 300 min versus percentage change in
parameter value at AHL concentration of 5E 7 M as the medium
input of the quorum sensing device, and percentage change in
time to reach steady state versus percentage change in parameter
value. We chose this concentration as our sensing device should
be able to detect the AHL in the range of 1E 7 to 1E  6. Hence
we picked 5E 7 M as the average AHL concentration.
2.8. Model validation

Relative Fluorescence Unit (RFU) which is an indirect way of GFP
concentration was then divided by OD600 at each time point. The
data were converted to absolute units (CFUper well and [GFP] in
molar) using Eqs. (7)–(9). These equations were derived by
calibrating the BioTek microplate reader, according to the protocol in (Canton, 2008).
CFU perwell ¼ OD600  3E þ 8

ð7Þ

½GFP ¼ RFU  1:28E8

ð8Þ

½GFP
RFU

 4E17
CFU perwell
OD600

ð9Þ

To obtain parameters for Eqs. (6.1) and (6.2), GFPmax and T at
different AHL concentrations need to be ﬁrst derived. This was
achieved by ﬁtting Eq. (10) to the curve representing the GFP
production over time (dynamic characteristics) for each different
AHL concentration. The parameter t in Eq. (10) refers to the time
as the variable and parameter T denotes the time constant which
represents the time it take for the system to reach 63.2% of its
maximum output.


½GFP ¼ GFPmax 1et=T
ð10Þ
Parameters in Eqs. (6.1) and (6.2) were then estimated by
ﬁtting 1/T at different AHL concentrations and by ﬁtting GFPmax at

To verify the reproducibility of our proposed model, an
independent set of experimental results was obtained to compare
with the simulation results derived using the proposed model.
To validate the simulation results for steady state GFP concentration, simulations with different concentrations of AHL (0, 5E  10,
1E 9, 1E 8, 5E  8, 1E  7, 5E  7, 1E  6, 5E 6, 1E 5, and
1E 4 M) were performed for 100 time steps over 300 min.
Furthermore, the ODEs were solved at steady-state to analytically
derive the transfer function from AHL to GFP. The steady state
value of GFP obtained using the simulation results and analytical
transfer function were compared to the experimental results
obtained using different concentrations of AHL. To validate the
simulation results for dynamic GFP production, simulation was
run using the same conditions as before at 3 different AHL input
concentrations: low, medium and high input (i.e., 5E  10,
5E 7and 5E 6 M of AHL, respectively) and simulation results
were compared with experimental results under same conditions
(e.g. same AHL concentrations and over 300 min).
2.9. Format and annotation of the model
To ensure that our model and the content in the model are
searchable and readable by machines, standard SBML format was
used and all parts and reactions were fully annotated according to
MIRIAM. Further, to ensure that the simulation results are
reproducible, we adhered to the MIASE requirements.
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MIRIAM is a standard for reference correspondence dealing
with syntax and semantics of the model and an annotation
scheme that speciﬁes the documentation of the model by external
knowledge (Novere et al., 2005). Annotation is composed of two
key components. Firstly, it gives an attribution to the entity,
covering the absolute minimum information that is required to
associate the model with both a reference description and an
encoding process. Secondly, it is linked to external data resources.
Although the MIRIAM promotes the communication and reusability of quantitative biochemical models, it is not enough for
efﬁcient reuse of models in a quantitative setting. Consequently,
MIASE which describes the minimal information that must be
provided with a simulation experiment for others to use was
recently introduced. It is essential to include the core information
required to perform the simulation of quantitative models
(Waltemath et al., 2011).

3. Results
3.1. Characterization of sensing device (pTetR-LasR-pLuxR-GFP)
with 3OC12HSL
To characterize and evaluate our proposed model of the
quorum sensing device, GFP was ligated downstream to the
sensing device (i.e. pTetR-LasR-pLuxR-GFP). To obtain the characteristics of the sensing device, GFP concentration over the
number of cells in one well was monitored at a range of
concentrations of inducer 3OC12HSL. The results from two independent experiments were obtained (Fig. 2). In both experiments,
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the results show that there was a sharp increase in GFP production as the 3OC12HSL concentration increased. This transition
occurred at inducer concentration from 0 to 1E 6 M, after which
it started to decline. We observed a decline in GFP response at
AHL concentration greater than 1E 6. We observed a decline in
GFP response at AHL concentration greater than 1E 6. This
decline could be due to the over production of GFP and its toxicity
to the cells, causing E. coli to die. The switch point of the sensing
device is at 2.4E  7 M. This shows that the optimum detection
range of 3OC12HSL for this quorum sensing device is between
1E 7 M and 1E  6 M.

3.2. Parameters derivation
Table 2 summarizes the parameters that were derived from
literature. These parameters were used in Eqs. 1–5 of our
proposed model. Most of the parameters were extracted directly
from the corresponding literature (Basu et al., 2005; Elowitz and
Leibler, 2000; Fagerlind et al., 2005; Hooshangi et al., 2005;
Kaufmann et al., 2005), except for k1 and k2. These two parameters represent LasR mRNA and LasR protein synthesis rate
respectively. k1 was calculated to be 0.0622 s  1 or 3.734 min  1
by considering that the length of LasR mRNA is 723 nucleotides
and mRNA chain elongation rate to be 45 residues s  1 (according
to BioNumber ID:104902). For k2 derivation, by taking into
account the length of LasR which is 241 amino acids and
translation rate of 16 amino acids s  1 which is obtained from
(BioNumber ID: 100059), rate of a LasR synthesis was calculated
to be 16/241 ¼0.07 s  1. To calculate the number of active

Fig. 2. Characterization results of sensing device coupled with GFP reporter. GFP concentration per cell over time at different 3OC12HSL inducer concentrations, high GFP
production per cell was observed when the input 3OC12HSL concentration was in the range of 1E 6. (A) First experiment set was used to derive parameters of the model.
(B) Second set was used for modeling validation.
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translation sites on a LasR mRNA we also considered the distance
between each ribosome on the mRNA and the length of LasR
mRNA. Based on our doubling time which is 60 min, the required
distance between each ribosome is 85 nucleotides. As the length
of mRNALasR is 723 nucleotides, the number of active translation
site on a mRNALasR is 8.5 (Bremer, 1996). Therefore, k2 was
calculated to be 0.595 s  1 or 35.7 min  1.
To estimate the parameters in Eqs. (6.1) and (6.2), 1/T and
GFPmax at different concentrations of AHL were ﬁrst derived by
ﬁtting Eq. (10) to the ﬁrst set of experimental data (summarized
in Table 3). Overall, the R2of the ﬁttings related to AHL concentration from 1E  8 to 1E  6 M were more than 0.9, showing high
correlation between experimental data and ﬁtted graphs.
Using the 1/T and GFPmax derived, Eqs. (6.1) and (6.2) were ﬁtted
to the curve 1/T versus AHL concentrations and GFPmax versus AHL
concentrations, respectively. Table 4 shows the parameters that
were derived for Eqs. (6.1) and (6.2). The experimental results show

that both GFPmax and 1/T increases in a hill equation like manner as
the concentration of AHL increases. GFPmax and 1/T correspond to
the steady state and dynamic performance of the quorum sensing
device to different AHL concentrations, respectively. This implies
that the steady state amount of GFP and the rate of GFP production
increase when AHL concentration increases from 1E 8 to 1E 6 M
and reaches a plateau after 1E 6 M.
3.3. Sensitivity analysis
There are a number of parameters in the model developed. To
determine the parameters which have large effect on the model in
terms of steady state GFP produced and time for GFP production
to reach steady state, sensitivity analysis was performed. Fig. 3a
and b show the sensitivity analysis results based on changes in
GFPmax and time for GFP production to reach steady state,
respectively.

Fig. 3. Sensitivity analysis: (A) sensitivity analysis on all the parameters for Eqs. (1)–(6), ranging from  80% to þ100% of original value, changes in output taken at
300 min and with inducer concentration of 5E 7 M. It was observed that k11 (switch point) and k12 (maximum output) of Eq. (6.2), are the most sensitive parameters.
(B) Sensitivity analysis on all the parameters for Eqs. (1)–(6), ranging from  80% to þ100% of original value, changes in time to reach steady state. It was observed that k8
(1/k8 represents the minimum time to reach 63.2% of the ﬁnal output) and k7 (1/k7 represents the time to reach 63.2% of the ﬁnal output when there is no induction) of
Eq. (6.1) are the most sensitive parameters to deﬁne the time which our system needs to reach steady state condition.
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For sensitivity analysis of changes in GFPmax, the simulation
results (Fig. 3a) show that k11 (maximum output) and k12 (switch
point) of Eq. (6.2) were the two most sensitive parameters that
greatly affect the ﬁnal output of the quorum sensing device.
For sensitivity analysis of changes in time to reach steady state,
Fig. 3b shows that k8 (1/k8 represents the minimum time to reach
63.2% of the ﬁnal output) and k7 (1/k7 represents the time to reach
63.2% of the ﬁnal output when there is no induction) of Eq. (6.1)
were the two most sensitive parameters. These two parameters
greatly affect the time at which the system reaches steady state. The
other parameters are relatively insensitive mainly because reactions
1–5 are very fast reactions as compared to reaction 6. The sensitivity
of the parameters is independent of AHL concentrations, except
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k11 and k12. An observation made is that k11 (maximum output)
becomes more sensitive while k12 (switch point) becomes less
sensitive at higher AHL concentration.
3.4. Model validation
To verify the accuracy of our proposed model, an independent
second set of experimental data was obtained and compared with
the simulation results computed by our model. Fig. 4a and b
shows the dynamic and steady state comparison between the
experimental and simulated data. For the dynamic comparison
(Fig. 4a), at all three different inducer concentrations (low,
medium and high), the simulated result matched well with the

Fig. 4. Modeling validation: (A) validation of dynamic performance for three different inducer concentrations, (low, medium and high input). It was observed from the data
that the dynamic performance of the quorum sensing device simulated by the proposed model matched well with the experimental dat. (B)Steady state modeling
validation, based on the output taken at 300 min, it is veriﬁed that the maximum GFP production for different input concentrations can be reproduced by the simulation
results as well as the analytical solution of the ODEs.
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experiemental data. The close matching of simulated and the
experimental data shows that our proposed model is able to
simulate the dynamic performance of quorum sensing system
using the derived parameters. Fig. 4b shows that for the steady
state performance, both simulation results and analytical transfer
function matched well with the experimental result with
R2 ¼0.98 and R2 ¼0.93 respectively. Hence, it is veriﬁed that the
maximum GFP production can be reproduced using the proposed
model. Eq. (11) shows the analytical transfer function
½GFP ¼ 6:5E16 þ

1E14½AHL2

ð11Þ

2:4E72 þ½AHL2

Table 6
Initial concentration of specie following MIASE.
Species

Initial concentration

pTet-LasR
mRNALasR
LasR
3OC12HSL
LasR–AHL
pLuxR
A.pluxR
GFP

1E  5 M
1E  6 M
1E  6 M
Range from 0 to 5E  6 M
0M
1E  5 M
0M
0 M/cell

3.5. Model format and annotation

4. Discussion

The model is stored using SBML format and it follows both
MIRIAM and MIASE requirements (Novere et al., 2005;
Waltemath et al., 2011). One of the essential elements to create
a standard biological model is to encode it in a machine-readable
and searchable format such as SBML (Endler et al., 2009; Hucka
et al., 2003) and CellML (Cuellar et al., 2003). SBML was chosen in
our study mainly because it has been more widely used, although
saving in other formats is possible. These bioparts description
languages enable the description of qualitative and quantitative
characteristics of biochemical networks as well as deﬁnition of
modules and hierarchies between them (Rouilly et al., 2007).
In these languages, all elements can be annotated and commented in both human-readable and machine-interpretable forms,
allowing extensive documentation and external references to be
directly included in the model ﬁle. It allows for easier sharing of
quantitative models among the community which is making
them available. That is why a set of rules in a standardized
approach (MIRIAM) has been proposed for the curation of model
collection and encoding. Table 5 shows all the species and
biological reactions in our developed model which are fully
annotated following MIRIAM. This enables the species and biological reactions to be searchable as they have unique identity.
Although MIRIAM promotes the communication and reusability
of quantitative biochemical models, it is not adequate for efﬁcient
reuse of models in a quantitative setting. It is essential to include the
core information required to perform the simulation of quantitative
models, as described in MIASE (Waltemath et al., 2011). In this
study, our proposed model adhered to the MIASE requirements so as
to improve the reusability of the model, which is important to
extend the usefulness of the model for synthetic biology design. One
of the key points in presenting a simulation experiment is the initial/
boundary conditions of different components in the system. Table 6
shows all the species in our model with their corresponding initial
concentration.

To facilitate the design of complex systems using the bottom-up
approach, we need the help of computational tools. These tools can
help us to understand the system behavior in silico ﬁrst before
proceeding to the labs to carry out the actual construction but there
are challenges in using CAD tools. One of the challenges is that these
tools need information about the parts. We developed a model
which can describe the kinetics of a quorum sensing device as well
as its dynamic and steady state performance. The quorum sensing
device has been used in an earlier study as part of a larger biological
system which is able to sense and kill P. aeruginosa (Saeidi et al.,
2011a, 2011b). Our model is in standard SBML format and it
complies to both MIRIAM and MIASE requirements. Our model
provides detailed annotated reactions involved during the gene
expression of the quorum sensing device under certain conditions.
One could image having a datasheet for the model similar to that
proposed by Canton et al. for biological parts. The model datasheet,
together with the model will complement the datasheet of biological
parts, facilitating future use of the biological parts.
All the parameters related to Eqs. (1)–(5) were derived from
literature. Parameters of Eq. (6) with sub-eqs. (6.1) and (6.2) which
were derived based on experimental data ﬁtting related to 1/T and
GFPmax, respectively. Our experimental ﬁndings show that 1/T which
represents the time for the system to reach 63.2% of the ﬁnal output
follows a hill equation manner. The experimental results show that
the rate at which the device reaches to 63.2% of the ﬁnal output
increases sharply at AHL concentration of 9.74E 8 M (switch point)
and reaches a max rate at AHL concentration of 5.0E 6 M. The
GFPmax produced also follows similar trend, the switch point for
Eq. (6.2) occurs at AHL concentration of 2.4E 7 M and maximum
amount of GFPmax is produced at AHL concentration of 5.0E 6 M. In
our study, data ﬁttings of Eqs. (6.1) and (6.2) were done based on
three assumptions. (i) Both Hill coefﬁcients (e.g. n1 and n2) are
assumed to be two because quorum sensing transcription factors
generally dimerize prior to binding to the promoter region as
reported by earlier studies (Fuqua et al., 2001; Nasser and
Reverchon, 2007; Zhu and Winans, 2001). By considering this
assumption, the curve was able to ﬁt well with the experimental
results. (ii) We considered that the concentration of active complex
A.pLuxR is equal to the input AHL concentration. Because in our
construct LasR is constitutively being expressed under the control of
pTetR promoter, we assumed that LasR amount is an excess when
we introduced AHL. Furthermore, we are using PSB1A2 which is a
high copy number plasmid (100–300 per cell). Taken together,
considering pluxR in excess is a reasonable assumption. Because
LasR and pLuxR are in excess, LasR–AHL and A.pLuxR amount will
mainly depend on the input AHL concentration. (iii) The model is
simulated deterministically which does not include the randomness
that exists in natural systems, while stochastic model do. Nonetheless, the simulation results show that the model is able to
reproduce the steady state and dynamic performance of the quorum
sensing device under these assumptions.

Table 5
Annotation of species and reactions following MIRIAM.
Species

Database

ID

mRNALasR
LasR
3OC12HSL
LasR–AHL
pLuxR
A.pluxR
GFP
Eq. (1)
Eq. (2)
Eq. (3)
Eq. (4)
Eq. (5)
Eq. (6)

CHEBI
UniProt
CHEBI
Gene ontology
PubMed
Gene ontology
UnitProt
Gene ontology
Gene ontology
Gene ontology
Gene ontology and pubmed
Gene ontology
Gene ontology

CHEBI:33699
P25084
CHEBI:56080
GO:0005667
1987152
GO:0000428
P42212
GO:0009299
GO:0006412 and GO:0030163
GO:0008134
GO: 0008134 and PMID: 15623555
GO:0010843
GO: 0006412
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Sensitivity analysis was performed to study the effect of individual parameter on the ﬁnal output of the device and the time for
the output to reach steady state. The simulation results from
sensitivity assay shows that the most signiﬁcant parameters are
in Eq. (6). k11 and k12 of Eq. (6.2) were the most sensitive
parameters in term of output amount while k8 and k7 of Eq. (6.1)
had the most signiﬁcant effect on the time to reach steady state
condition. In Eq. (6.2), k11 is the most sensitive parameter in which
a change in k11 will cause a similar percentage change in the ﬁnal
output, whereas a 100% change in k12 will cause about 30% change
in the ﬁnal output. On the other hand, in Eq. (6.1), a change in k8
will cause a similar change in the time to reach steady state, while a
100% change in k7 will cause about 20% change in the time to reach
steady state point. The other parameters in Eqs. (1)–(5) which were
derived from literature have shown negligible sensitivity on the
output amount and the time to reach steady state. Therefore our
approach to use literature for these data derivation is reasonable.
Although the sensitivity analysis shows that only these 4 parameters are sensitive to the overall device performance, we
embedded the reactions into the model in order to facilitate future
merging of the models of different parts/devices to create the model
of the desired composed system, in a similar manner described by
semanticSBML (Krause et al., 2010) and OREMPdb (Umeton et al.,
2012).When there is a large number of well-validated models
of biological parts in databases like BioModels.net, researchers
working on new systems could search and import relevant models
to be used in their own system modeling. This will enable more
efﬁcient building of models.
Although our proposed model was able to characterize the
steady state and dynamic performance of the sensing device
under similar conditions, the model can be further improved to
take account different conditions such as different growing
medium, different host strains, different plasmids etc. One possible approach is to study and establish the relationship of the
parameters in the model with respect to a change in the conditions, for example changing the medium. This relationship can
then be incorporated into the model to enable the model to
capture a change in the medium.
5. Conclusions
The simulation results show that our proposed model agrees
well with the experimental results. The accuracy of our proposed
model was validated by carrying out dynamic and static modeling
veriﬁcation. Consequently, the model developed could be used to
predict the GFP production under that current set of experimental
conditions (e.g. temperature is ﬁxed at 37 1C).The model could be
extended in the future to capture characteristics when these
experimental conditions vary so that the model can be more
versatile. The model could provide useful information about the
biological parts for future CAD applications for synthetic biology
design.
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